1. Introduction. This paper is a note to a paper [2] written by the author with Walter Leighton, in which a quadratic functional with a singular end point is studied. The results obtained here extend and amplify those of that paper.
We consider a functional It is relevant to ask to what extent the conditions of the theorem are sufficient. As we shall see, the conditions are not sufficient for an A -minimum limit but do suffice to guarantee the existence of an .¡4o-minimum limit. In fact we have a stronger result. 
Now let Mm(n) be a subsequence such that Mm(n) ^Mk for all k<min).
By the definition of Mn such a sequence exists. We assert that limn»«, /(z)|'= -oo, t = tm{n). We then have
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Now since e(0) =b and thus J(y)\fk+l^.O, we have
Thus lim«.« /(z) | ^(n) = -oo, the assertion follows and the theorem is proved. The preceding two theorems give the following result. Thus J(y)b0 < 0 and the proof is complete.
We continue with a sufficiency condition on functionals for which the function q vanishes identically. The interest in it lies in the fact that it consists of two necessary conditions and a third condition which is contragradient to the crude notion that for a positive functional r should not be too small and p not too negative. 
for every yEA [O, c], if u is not zero on (0, c). Furthermore it is well known that the function r(x)u'(x)/u(x) is a solution of the Riccati equation z'+z2/r-p = 0. By formula (3.1) it follows that the theorem will be proved if we show that lim sup r(x)u'(x)/u(x) < =° for at least one nonnull solution of the Euler equation. If there exists a solution of the Riccati equation which is not monotonie near x = 0 then there exists a sequence x" tending to 0+ on which r(x)u'(x)/u(x) attains its limit superior and at each point of which its derivative vanishes.
From the Riccati equation it follows that for x=x", (r(x)u'(x)/u(x))2 = r(x)p(x) and the result follows from the hypothesis on r(x)p(x). In the remaining case every solution of the Riccati equation is monotonie and the theorem remains unproved only in the case where every solution of the Riccati equation is monotonically decreasing near x = 0 and is eventually positive there. If fb0r~l(x)dx < 00 then since p(x) =r(x)p(x)/r(x) it follows from our hypothesis that flp(t)dt = 0(l) as x tends to zero and the result follows from Theorem 9.1 of [2] . Otherwise fór~l(x)dx = °° and if r(x)w'(x)/w(x) is eventually positive for every solution u of the Euler equation it follows that lim m(x) exists and is finite for every solution u. Thus for this case, fo(r(x)u2(x))~1dx= <x> for every non-null solution u and an interval (0, e] on which u(x) is not zero. But this is impossible since by Theorem 5.1 of [2] the Euler equation of a functional for which e(0)>0 always possesses a solution u for which fo(r(x)u2(x))~1dx< °°. The theorem is proved. In the above theorem the conditions c(0)^b and lim inf f\pit)dt < oo are both necessary conditions. This follows in the latter condition by taking in Theorem 2.1 a function in F'[0, b] which is identically equal to the constant one near x = 0. These two conditions even together are not sufficient for the existence of an A -minimum limit in a functional for which q = 0 (see [2, Example 9.1]). Therefore the assumptions comprise a sufficient condition because of the presence of an assumption which appears to contribute nothing to the making of a positive functional.
4. The Fo-minimum limit. We begin with a lemma. Moreover since /(x)>xo when, 0<x<Xo it follows that Jiy)\x°^0 for 0<x<x0. The theorem is proved.
We recall that the conditions c(0) ^b and /(0) ^b impart to J an 
